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1

Computational Methods

In this work we have used 200 structures of CH3 N=NCH3 -(H2 O)5 as benchmark data sets. These 200 structures
are randomly selected from a 2 ps canonical molecular dynamics trajectory at BP86/def2-SVP level. 1–3 Time
step of 1 fs is used for nuclear propagation and five-order Nosé-Hoover chain thermostat technique is used to
control temperature in NVT molecular dynamics simulations (300K). MD is performed using Chemshell3.5 4
interfaced with Turbomole6.6. 5
In our calculations B3LYP method 2,6–8 is used for the outer region while CASSCF is selected for the inner
region. For both DFT and CASSCF calculations, we have used 6-31+G** basis set. 9–12 We have used stateaveraged (SA)-CASSCF method with an active space of six electrons in four orbitals, denoted CASSCF(6,4),
which contains π and π* orbitals of N=N and two lone-pair orbitals on two nitrogen atoms. 13–15 This active
space can be maintained through reading a pre-generated active space. All B3LYP calculations are done with
Gaussian16 16 and all CASSCF calculations are performed with MOLCAS8.0. 17,18
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Zhu-Nakamura Non-Adiabatic Dynamics Method

Trajectory-based surface hopping methods are one of popular methods that perform nonadiabatic dynamics
simulations. In dynamics simulations, the system is propagated in an electronic state but can jump to other
potential energy surfaces in particular near quasi-degenerate regions. In this work, we have used Zhu-Nakamura
method to compute transition probabilities among different potential energy surfaces. This method is developed
by Zhu et al. 19–21 and is able to calculate nonadiabatic transition probabilities,
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in which a and b are two unitless parameters, i.e., effective coupling and collision energy, which are written as

h̄2
a =
2µ
2

√
|F1 F2 ||F2 − F1 |
(2V12 )3

and

S2

(S2)

|F2 − F1 |
b2 = (Et − Ex ) √
,
|F2 F1 |(2V12 )

(S3)

where F1 and F2 are two mass-scaled one-dimensional diabatic forces, µ is reduced mass of the diabatic molecule,
V12 is diabatic coupling, Ex is the energy at crossing point, Et is potential energy plus kinetic energy component
along hopping vector direction. Finally, mass-scaled one-dimensional diabatic forces in Eqs. S2 and S3 are
converted from mass-scaled multidimensional diabatic forces based on
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in which N is the number of atoms in a system; mi is the mass of the ith atom; F1iα and F2iα are multi-dimensional
diabatic forces of the ith atom (α :, x, y, and z) related to involved two states. These diabatic forces can be further
converted from multi-dimensional adiabatic forces, which are directly calculated by external electronic structure
packages. The detailed description can be found in recent works by Zhu and co-workers. 22,23 The advantage
of Zhu–Nakamura method compared with other surface-hopping methods is that it does not need to compute
nonadiabatic coupling vectors.
Initial conditions of non-adiabatic molecular dynamics simulations are sampled via Wigner sampling, which
is performed by Newton-X. 24–27 In order to make comparison between CASSCF with MLEBF method, same
initial conditions are used in both kinds of dynamics simulations. For each trajectory, 500 fs propagation time
with 0.5 fs time step are carried out using our GTSH package. 28

3 Additional Results for MLEBF Method Truncated at Second Order
Dynamical results of both ab initio- and MLEBF-based nonadiabatic dynamics simulations are pretty similar to
each other. In addition to those discussed already in the main text, the following results are also discussed here.
The distribution of the C3N2N1C7 dihedral angle at the hopping points (Fig. S2) is very similar for both ab initioS3

Figure S1: Time-dependent S1 state population in full CASSCF- and MLEBF-based dynamics simulations.
and MLEBF-based dynamics simulations. Fig. S1 shows time-dependent S0 and S1 state populations averaged
over 100 trajectories. Their time evolution is also very similar for both CASSCF and MLEBF dynamics. The
small deviation of MLEBF populations from ab initio ones is observed and is the inevitable result of nonnegligible albeit tiny deviation between MLEBF and ab initio energies and forces. Nevertheless, the MLEBF
method still give accurate S0 and S1 state populations. Fig. S3 shows the distribution of S0 -S1 energy gaps of
100 trajectories in the Franck−Condon region, i.e., vertical excitation energies. The MLEBF methods reproduce
closely vertical excitation energies calculated at CASSCF level. In both ab initio and MLEBF cases, the same
distribution width, ranging from 3.3 to 4.3 eV, and the same peak at 3.7 eV are observed.
Additionally, whether total energy is conserved or not in dynamics simulation is very important for MLEBF
method. In principle, molecular dynamics simulations should have conserved total energy if energies and forces
are highly accurate. In MLEBF method, the total energy is conserved well compared with those based on full ab
initio ones (see Fig. S4).
For our system, without breaking chemical bonds, we have therefore tested the effects of different active spaces
on the results. The MLEBF calculations with CASSCF(2,2) for the photochemically active region give similarly
accurate results with those with CASSCF(6,4). With CASSCF(2,2), RMSD values of S0 and S1 energies are
1.90 × 10−2 and 1.89 × 10−2 eV/fragment and those of the corresponding gradients are 1.13 × 10−2 and 1.13 ×
10−2 eV/Å when truncated at the two-body interaction with the electrostatically embedding. The corresponding
excitation energies are also precise with RMSD of 2.66 × 10−3 eV (see Fig. S6).
In our present MLEBF calculations we have used CASSCF for the interlayer interaction as we need to explicitly
S4

Figure S2: Distribution of the dihedral angle C3N2N1C7 at the hopping points based on (up) CASSCF method
and (down) MLEBF method. Both kinds of simulations give similar distribution.

Figure S3: Comparison of the S0 -S1 energy gap (eV) of 100 trajectories at the starting points calculated with full
CASSCF and MLEBF methods.
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Figure S4: Time-dependent evolution of total energy of all trajectories in (left) CASSCF- and (right) MLEBFbased MD simulations.

Figure S5: Two-layer model of the developed multi-layer energy-based fragment (MLEBF) method truncated at
the third order.
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Figure S6: Comparison of both S0 and S1 energies (top), energy gaps (bottom-left), and both S0 and S1 gradients
(bottom-right) calculated using EE-MLEBF-2nd truncated at the two-body interaction level. The CAS(2,2)
method is used for the intralayer interaction of the inner region and the interlayer interaction between the inner
and outer regions.
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Figure S7: Comparison of both S0 and S1 energies (top), energy gaps (bottom-left), and both S0 and S1 gradients (bottom-right) calculated using EE-MLEBF-2nd truncated at the two-body interaction level. The CASSCF
method is used for the intralayer interaction of the inner region; but, the interlayer interaction between the inner
and outer regions is calculated with DFT.
calculate state-specific polarization effects of the outer region on the inner region at least at the two-body interaction level. If using DFT, e.g. B3LYP/6-31+G** level, for the interlayer interaction, the results become much
less accurate. For example, in ground state MLEBF calculations, if the interlayer dimers’ energies and gradients
are calculated with DFT and the intralayer interactions of the inner and outer layers are treated with CASSCF
and DFT, RMSD of S0 energies is 4.59×10−2 eV/monomer, less accurate than those with CASSCF for the interlayer interaction (1.90×10−2 eV/monomer). More unfortunately, gradients become much worse and RMSD is
0.190 eV/Å. In comparison, either energies or gradients of the S1 state become much worse compared with full
CASSCF ones In addition, excitation energies are also not precise compared with full CASSCF calculations. Its
RMSD is up to 1.8 eV.
The poor performance of DFT for the interlayer interaction is due to its inaccurate description (see Fig. S8). It
can be found that for the S0 state, DFT calculated interlayer interaction energies are not so worse compared with
S8

Figure S8: Comparison of both S0 (left) and S1 energies (right) calculated by EE-MLEBF-2nd in which DFT
and CASSCF are employed for the interlayer interaction.
those with CASSCF, so that one can see “not-so-bad” S0 energies in the top-left panel of Fig. S7. Of course, the
S0 gradients are really worse in the bottom-right panel of Fig. S7. But, for the S1 state, DFT calculated interlayer
interaction energies are far away from those with CASSCF (see the right panel of Fig. S8). As a result, bad S1
energies and gradients are observed in the top-right and bottom-right panels of Fig. S7. Due to bad S1 energies,
it cannot be expected to give good S0 −S1 energy gaps (see the bottom-left panel of Fig. S7).
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MLEBF Method Truncated at Third Order

Total energy of a system consisting of N monomers, within many-body expansion (MBE) truncated at the third
order is written as 29

E = E(1) + E(2) + E(3)

(S6)

in which the first- , second-, and third-order energy terms are written as

N

E(1) = ∑ Ei

(S7)

i

N

E(2) = ∑ (Ei j − Ei − E j )
i< j
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N

E(3) =

∑

[(Ei jk − Ei − E j − Ek ) − (Ei j − Ei − E j ) − (Eik − Ei − Ek ) − (E jk − E j − Ek )]

(S9)

i< j<k

where Ei , Ei j , Ei jk are energies of monomers, dimers, and trimers embedded in the field of N-1, N-2, N-3 other
particles. 29 So if only truncated at the third level, the total energy is approximately expressed as

N

E=

N

∑

i< j<k

Ei jk − (N − 3) ∑ Ei j +
i< j

(N − 2)(N − 3) N
∑ Ei
2
i
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If one calculates the energies using equation S10 without the presence of the point charges, then one gets the
convetional three-body expansion energies.
Now we consider a three-order MLEBF method, which is similar to the two-order MLEBF discussed in the
main text. The inner layer, called the active region, involves the region in which complicated chemical bonds’
making and breaking, e.g. photoisomerization, take place. This region is described using CASSCF. By contrast,
the outer region only undergoes conformational changes without involving chemical reactions; as a result, this
region is treated with relatively efficient DFT. The interlayer interaction is also described by means of CASSCF
in order to treat the polarization of the outer layer on the inner one at the same level as done for the inner region.
With this two-layer model, Eq. S9 is re-written as:

E(3)MLEBF = E(3)iii + E(3)iio + E(3)ioo + E(3)ooo

(S11)

in which the trimer energy E(3)iii with subscription iii means all monomers of the trimer are in the inner layer,
subscription ooo means all monomers of the trimer are in the outer layer, subscription ioo means one monomer
is in the inner layer while two monomers are in the outer layer, and subscription iio means two monomers are in
the inner layer while one monomer is in the outer layer. As a result, these four terms in Eq. S11 becomes

Nin

E(3)iii =

Nin
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In Eqs. S12-S15, Nin and Nout represent the numbers of monomers in both inner and outer layers, respectively.
Inserting Eqs. S12-S15 into Eq. S11 and considering N = Nin + Nout , it is also expressed
Nin

E(3)MLEBF =
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Nin Nout

Nout
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Integrating Eq. S16 and Eq. 5 in the main text, Eq. S10 is re-written as:
Nin
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in which only the first six terms are described with CASSCF and the latter three terms are treated with efficient
DFT (see Fig. S5). In realistic applications, if only one chromophore is included in the inner region, the first,
second, and fourth terms disappear and the third, fifth, and sixth terms are signifcantly reduced. It should be
stressed that in the current implementation we did not calculate the gradients of the embedding point charges,
which could be considered in future.

5

Results of MLEBF Truncated at Third Order

As mentioned in the main text, adding the three-body term in MLEBF method decreases errors roughly by an
order of magnitude. Here, we have tested conventional (No-EE-MLEBF-3rd) and eletrostatically embedding
S11

Figure S9: Comparison of both S0 and S1 energies (top-left and -right), energy gaps (bottom-left), and both S0
and S1 gradients (bottom-right) calculated using No-EE-MLEBF-3rd truncated at the three order interaction, and
full CASSCF methods.
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Figure S10: Comparison of both S0 and S1 energies (top-left and -right), energy gaps (bottom-left), and both
S0 and S1 gradients (bottom-right) calculated using EE-MLEBF-3rd truncated at the three order interaction, and
full CASSCF methods.
(EE-MLEBF-3rd) three-order MLEBF method. Both No-EE- and EE-MLEBF-3rd are much more accurate than
the two-order EE-MLEBF results (See Figs. S9 and S10, and Table S1).

6

Speedup of MLEBF

Like other energy-based fragment methods, as mentioned in the main text, our MLEBF method is also highly
parallel. Thus, we have also calculated different CPU times for single-point energies of two different systems
(see table S2). For 1 CPU calculations, EE-2B-MLEBF is faster than CASSCF, which becomes more obvious
with CH3 N=NCH3 -(H2 O)20 (more than 20 times). When adding the three-body interaction, EE-3B-MLEBF
remains comparable with CASSCF; however, it should become much more efficient with larger systems. In
addition, it is also clear that parallelization will significantly speedup MLEBF calculations, which cannot be
S13

Table S1: Root Mean Square Deviation (RMSD) Errors of Energies (eV/monomer) and Gradients (eV/Å) between EE-MLEBF-2nd, No-EE-MLEBF-3rd, and EE-MLEBF-3rd Methods in Comparison with Full CASSCF
Calculations.
Energies (S0 ) Energies (S1 ) Gradients (S0 ) Gradients (S1 )
EE-MLEBF-2nd
1.90 ∗ 10−2
1.88 ∗ 10−2
1.13 ∗ 10−2
1.14 ∗ 10−2
No-EE-MLEBF-3rd
2.45 ∗ 10−3
2.47 ∗ 10−3
1.91 ∗ 10−3
1.86 ∗ 10−3
−3
−3
−3
EE-MLEBF-3rd
2.89 ∗ 10
2.87 ∗ 10
1.13 ∗ 10
1.11 ∗ 10−3
Table S2: Times used in EE-2B-MLEBF, EE-3B-MLEBF, and full CASSCF single-point calculations for two
large systems with different CPU numbers
CH3 N=NCH3 -(H2 O)10 CH3 N=NCH3 -(H2 O)20
EE-2B-MLEBF (10 CPU)
9.90 × 101 s
2.58 × 102 s
2
EE-2B-MLEBF (1 CPU)
9.79 × 10 s
2.47 × 103 s
EE-3B-MLEBF (10 CPU)
1.01 × 103 s
3.41 × 103 s
3
EE-3B-MLEBF (1 CPU)
9.77 × 10 s
3.29 × 104 s
Full CASSCF
2.75 × 103 s
4.32 × 104 s
realized by full CASSCF calculations.
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