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Fixed point mapping
S1 Compact form
The fixed point equation for k € {2,..., N;} is given by:

k-2
F(C,0) = C, = Cho1 = (Cr = Cro1) + it N (Chm1)051GE 1 o1 + 5o > N(C)6e(GE 1 — G js) (S1)
=
and, for k=1,
F1(C,C)=C1— M. (52)

S2 Derivative of the fixed point mapping

The derivative of the fixed point mapping F' w.r.t concentration C' reads as follows:
0 for i >k,
1 for i =k,

dc, Fy(C,C) = :
c.Fi(C,0) — 1+ (5k WNIGE oy 307 Ni1GlGEET |+ 35 NedeGlo Gg*,;“l) fori=Fk—1,

(S3)

carp Vi i ( ?k 2) +36ir >ty NibeGidi (Gﬁn1 - Gﬁnz) for i <k —1,

where Ny, = N(Cy), N, =N"(Cy),Gk = Go(Cr), G}, = G((Ck) and, as already defined in (26),

GZk-( ngm)

S3 Objective functional

In general, by considering the z™ weighted PSD, the objective functional as stated in (1) can be written in terms of
moments as follows:

R 2
J (Y Yins1, Yima) = T2 — (Yg—:l) . (S4)
The constraint in (1) is defined as:
h(C) = E[q(T,")] = pa=0. (S5)
In terms of moments, the constraint is written as:
h(C)=h(V,Yins1) = (S6)
For m = 0, the number weighted PSD, whereas for m = 3, the volume-weighted PSD is considered.
S4 Derivative of the objective functional
The derivative of the objective functional stated in [S3]is given as follows:
~ YmOc, Ym4+2—Ym+20c. Ym
9c;J (Y, Ymi1,Ymi2) = = +2Y% ==
mOc. Ym 410,
—2 () et 7
In addition, the derivative of the constraint [S6]is given by:
» Ym0c, Y1 —Ymi19¢, Ym
Oc;h(Yin, Ying) = =g, (58)
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