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S1 Thermodynamics

S1.1 Dry CO,; complete dataset Toth fit
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Figure S1: Toth fit for dry CO, isotherm using all the data gathered from literature.

When all sources are considered, the fit is unsatisfactory due to inconsistencies across
datasets. Data reported by Shi et al. at ultra-low pressures (0.01 mbar to 0.1 mbar)
deviates strongly from other studies. At higher pressures, measurements by Low et al.
systematically underestimate the adsorption loading compared to other sources, whereas
Young et al. shows good agreement with the majority of datasets.

0.01-10 mbar As shown in Fig. [S2] in the pressure region 0.01-1 mbar, the residuals
from Low, Young and Petersen are symmetrically distributed around zero with compa-
rable variance, indicating that both datasets are internally consistent and unbiased with
respect to the Toth model. In contrast, the measurements from Shi et al. exhibit a sys-
tematic negative bias, with residuals predominantly between —0.20 and —0.10 mmol g~*.
This consistent underestimation suggests that the discrepancy is not due to random scat-
ter but to a structural deviation between Shi’s data and the rest of the dataset. The
clustered negative residuals at low loadings and the mismatch in curvature imply that
either (i) the Toth functional form cannot reproduce the behavior under such dilute con-
ditions, or (ii) experimental uncertainties dominate in this pressure regime. To preserve
the internal consistency of the joint fit, data from Shi et al. were therefore excluded from
the fitting procedure.
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Residuals vs Pressure by Author
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Figure S2: Residuals of the Toth model fit in the low-pressure region (0.01-10 mbar) for
different literature datasets. Each color and marker corresponds to a specific data source.
The red dotted lines denote the global +£2¢ confidence bounds computed over all data.

10-1000 mbar As shown in Fig. [S3] in the 10-1000 mbar pressure range, the residu-
als reveal a systematic divergence between Low and the other datasets. While Young,
Sutanto, and Veneman exhibit mutually coherent behavior (residuals that are predomi-
nantly near zero to slightly positive and broadly consistent with each other), Low displays
a persistent negative offset. If the mismatch arose solely from limitations of the Toth func-
tional form, a similar residual structure would be expected across all sources. The fact
that the deviation is localized in a single dataset points instead to dataset-specific bias.

To quantify the degree of consistency between sources, pairwise Kolmogorov-Smirnov
(KS) tests were performed on the residual distributions in the 10-1000 mbar range. The
KS statistic (D) measures the maximum distance between the cumulative distribution
functions (CDFs) of two samples: values close to zero indicate statistically indistinguish-
able distributions (datasets behave coherently within model uncertainty), whereas values
approaching one indicate complete distributional separation. The associated p-value rep-
resents the probability of observing a distance at least as large as D if the two samples
were drawn from the same underlying distribution. In practice, datasets are considered
statistically consistent when D < 0.3 and p > 0.05, while larger D and smaller p indicate
significant distributional differences.

The results show that Low differs strongly from each of Bos, Young, Sutanto, and
Veneman (D = 0.68-1.00, p < 107?), confirming that its residual distribution is statisti-
cally distinct from all others. Conversely, Young vs. Sutanto (D = 0.2250, p = 0.1280),
Sutanto vs. Veneman (D = 0.1549, p = 0.4727), and Veneman vs. Young (D = 0.3299,
p = 0.0200) are broadly consistent with one another, matching their visual agreement in
Fig.[S3] This combination of visual and statistical evidence supports the exclusion of the

53



Electronic Supplementary Information (ESI) for Energy Advances.
This journal is (©) The Royal Society of Chemistry.

high-pressure subset from Low et al. to avoid biasing the global fit, while retaining Low
and Young in the low-pressure regime where they cross-validate each other.

Residuals vs Pressure by Author
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Figure S3: Residuals of the Toth fit in the 10-1000 mbar pressure region, grouped by
data source. Each color and marker corresponds to a specific dataset, consistent with the
main text. The red dotted lines show the global +20 confidence band (computed from
all data). Residuals from Low systematically fall below zero, while Young, Sutanto, and
Veneman form a mutually coherent group within model uncertainty.

S1.2 Fitting metrics definition

Given a dataset of N experimental points with measured values ¢;"" and model-predicted
values ¢4, the metrics are defined as follows:

1 . X mo
RMSE = N; (¢ — grod)? (S1)
1 N
MAE = — ; 7P — g™ (S2)
(S3)

where ¢g°*P denotes the mean of the experimental values.

e RMSE penalizes larger deviations more strongly than MAE due to the squaring of
residuals, scaled back to unit with root.

e MAE represents the average absolute deviation and is less sensitive to outliers.
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S1.3 H,O0 isotherm: data and fitting
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Figure S4: Adsorption (blue) and desorption (orange) branches of the HyO isotherms on
Lewatit VPOC 1065. The red dashed lines refers to the GAB isotherm fit. The GAB

model was fitted only to the adsorption branches.
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S1.4 Binary CO>-H>0 isotherm
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Figure S5: Collected and curated binary COs-H5O isotherm data for Lewatit VPOC

1065, displayed in pressure bins for visualization. The dry reference is highlighted.
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Figure S6: Author counts for co-adsorption data.

S6



Loading (mmol/g)

Loading (mmal/g)

2.00

175

1.50

1.25

1.00

0.75

0.50

225

2.00

175

Electronic Supplementary Information (ESI) for Energy Advances.
This journal is (©) The Royal Society of Chemistry.

S1.5 Stampi-Bombelli model fitting of co-adsorption dataset
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Figure S7: Fit of the Stampi-Bombelli (SB) model to the curated co-adsorption dataset.
The SB model captures the general trend but shows poorer agreement.

S1.6 Stampi-Bombelli model comparison

Table S1: Key performance indicators comparing the base case (no co-adsorption) and
the Stampi-Bombelli (SB) co-adsorption model.

KPI No co-adsorption SB co-adsorption
Equivalent work [MJ/kg CO3] 4.076 4.905
Productivity [kgCO2/m?/day] 38.55 31.45
Cyclic working capacity [mol/kg] 0.6724 0.5189
Total Yield [%] 57.99 38.50

We tested the SB co-adsorption implementation and compared it with the dry imple-
mentation as described in Sec.3 of the main text. The productivity and equivalent work
KPIs definition can be found in the main text. For this additional test, new performance
indicators were defined:

e Cyclic working capacity: difference between the sorbent loading at the end of ad-
sorption and after desorption, at cyclic steady state.

A(ch = Qads — des (84)

e Total yield: fraction of the total amount of CO, present in the adsorber at the end
of adsorption that is actually desorbed.

Y?:eldtot = (85)
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Figure S8: Stepwise mass balance for the Stampi-Bombelli (SB) model extracted from a
test simulation. For each cycle step, the mass change is shown in blue (positive values
correspond to adsorption, negative values to desorption), while the initial mass at the
beginning of the step is shown in gray.

As shown in Table[ST] the SB model predicts systematically poorer performance across
all KPIs when co-adsorption is considered compared to the dry case. As highlighted
by Young et al. [I], this limitation is intrinsic to the SB formulation: the model does
not adequately describe CO5 desorption, resulting in a significant fraction of COy being
retained within the sorbent rather than being released and collected. This behavior is
illustrated in Fig. [S8, where the mass change at each step is shown in blue and the
initial mass in gray. The figure clearly indicates that the SB model enforces inefficient
desorption: only a small fraction of CO, is expelled, while the majority remains trapped
inside the adsorber. This arises from the SB formulation, which couples qco, to qu,0
via the temperature-dependent parameters ¢, and b. Since gug,o is described by the
GAB isotherm and remains relatively insensitive to temperature, the model predicts
persistently high gp,0 values even at elevated temperatures. This, in turn, artificially
enhances gco, during the desorption step, preventing the expected decrease in loading
and leading to excessive residual COs within the bed.
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S2 Process Modeling

S2.1 Definitions and parameters

In order to improve the numerical stability of the model, it is often convenient to rewrite
the governing equations in non-dimensional form. This approach reduces the number of
physical parameters, highlights dominant physical effects through dimensionless groups,
and ensures that all variables are on a comparable scale, which is critical when solving stiff
systems numerically. The non-dimensional variables used in the main text are defined as

follows: T . . -
_ z Vdim

p s T = s T = = — s Z = — s ’[7 g d
Dref Tref Thyd L / Uref L Uref

]_9:

Note that the gradient and divergence operator in the main text is evaluated on the
non-dimensional space coordinate Z.

All the parameters describing the governing PDEs system in the main text are defined
as follows:

(1—¢) pp
&b Ctot,ref

® Yagsi = Gi.eqref: Dimensionless adsorption capacity for species %

® «; = Thyd kipr,;: Dimensionless mass transfer coefficient for species i

UretLs
e Pe,, = % Mass Peclet number

ax

Uret L
o Pej, = 0. Heat Peclet number

ax

o gbctot,refR

P
PoCp,p

o ()

: Pressure coupling parameter in the energy balance

EbCp,gCtot,ref .
o (), = T PIZ%. Convective heat transfer parameter

PvCp,p
1
o (), = —: Effective thermal conductivity parameter
Peppycpyp
AH. o
® Yheat,i = M: Heat release parameter due to adsorption of species i
Cp,pTref
y p Ny T
e (), = —obTwvd, Heat exchange parameter between gas and wall
PvCp,p
A
o (), = —————: Wall thermal conduction parameter
pwcp,wvrebe
. 2Rbh Thyd
o Ot = ki : Internal wall-to-gas heat exchange parameter
o (puCpw) (B e — BE)
2Ry oxt Pext T .
o (X — bextZoxt’hyd . Fxternal wall-to-jacket heat exchange parameter

(chp,w)(Raext - R?)
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where g, is the bed porosity (—), p, is the particle density (kg m™), ciotrer is the
reference total molar concentration (mol m_3), Gieqrer 15 the reference equilibrium ad-
sorption capacity of species i (mol kg™!), krpr, is the linear driving force (LDF) mass
transfer coefficient of species i (s™), L is the bed length (m), D, is the axial dispersion
coefficient (m? s7!), A, is the effective axial thermal conductivity (W m~' K1), R is the
universal gas constant (J mol™" K1), p, is the bed density (kg m™3), ¢,,, is the particle
heat capacity (J kg~ K1), ¢, is the gas-phase heat capacity (J mol™ K™'), AH4s; is
the heat of adsorption of species i (J mol™!), Ty is the reference temperature (K), a,;
is the specific surface area per unit bed volume (m?> m~=3), h,, is the wall-to-fluid heat
transfer coefficient (W m™2 K~'), \,, is the wall thermal conductivity (W m~! K1), p,,
is the wall density (kg m™), ¢,,, is the wall heat capacity (J kg=' K™'), R, is the bed
inner radius (m), Rpex is the external wall radius (m), hex is the external heat transfer
coefficient between wall and jacket (W m=2 K1), and wv, is the reference interstitial
velocity (m s™1).

S2.2 Closure models and additional equations
S2.2.1 Pressure drop and axial velocity (Kozeny-Carman closure)

The axial gas velocity field is not treated as an independent unknown from the momen-
tum balance. Under laminar conditions, the viscous contribution of the Ergun equation
reduces to the Kozeny-Carman relation:

Op 150 (1 —&p)?
_E ¢
Dz d? 3 u(zt)

(56)

where p is the total gas pressure, y is the gas mixture viscosity, d, is the particle diameter,
and g, is the bed void fraction. Therefore, once the pressure field is obtained from the
total mass balance (Eq. 7), the superficial velocity field is updated as:

exd; } dp

150 (1 — &4)? | 0z (57)

u(z,t) = —[

S2.2.2 Axial dispersion

We apply the widely used correlation proposed by Wakao and Kagei (1982), which pro-
vides reliable estimates for a wide range of Reynolds numbers in packed beds [2]:

D .
D = = (20 + 0.5Re - Sc;) (S8)
b

Here, D,,; is the binary molecular diffusion coefficient of species ¢ in the gas mixture, &,
is the bed porosity, Re = pvd, /i1 is the particle Reynolds number, and Sc; = p/(pDy.i)
is the Schmidt number of species i.

S2.2.3 Radial dispersion

Radial dispersion is crucial in axi-symmetric-2D models to represent non-uniform radial
concentration profiles. The model implemented is based on Coelho (1988), who proposed
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a correlation that includes a molecular diffusion contribution and a convective dispersion
term [3]:

Dmi Vinlet, * dp
’ S9
5T (59)

The first term accounts for diffusion across streamlines, while the second arises from
flow-induced dispersion, which becomes significant at higher superficial velocities.

Drad,i -

S2.2.4 Axial conduction

Again, we apply the correlation by Wakao and Kagei (1982):

Aax = Agmix (7 + 0.5 Re - Pr) (S10)
Here, Ay mix is the thermal conductivity of the gas mixture, and Pr = pc,/Agmix is the
Prandtl number.
S2.2.5 Radial conduction

Radial heat conduction in the packed bed is evaluated using a mechanistic approach (see
Dixon et al. [4, 5], Heras et al.[6]), which combines a “stagnant” conductivity and the
fluid flow conduction effects.

1. Base radial Peclet number, Pe,. First, the high flowrate Peclet number for
heat transfer by radial fluid dispersion is calculated. For small particles, Dixon
(2012) suggests that the fluid-phase radial Peclet number asymptotes to a value
between 8 and 12. We select

Pe.,, =10 (typical mid-range value).
In practice, one may vary it slightly (8-12) to match specific experimental data.

2. Inverted radial Peclet term, Per_fl. The inverse of the radial fluid Peclet number

is defined as: )
1 2 Eb
Pe ' = : :
it (PeOO * RePr)

representing an interpolation between the molecular and turbulent limits. If v, =
0, then the entire “flow-driven” contribution is zero, reverting to a purely stagnant
scenario.

3. Effective solid conduction coefficient, \!.

The effective solid conduction coefficient is typically estimated using the approach
of Zehner and Schliinder (1978) [7], which is the most widely used and best validated
correlation for fixed-bed systems [§].

)\0
Tr:1_v1_€b+/\f7
f
where:
3 241 — ¢y (1_K_1)Bl< 1 > B+1 B-1
— 1| — —
" 1-K'B|(1-K1B)? KB 2 1—K-1'B|’
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10

B 9
B:C<1 eb) , and C =~ 1.25.

Ep

Here, K~ = Agmix/Ap, With Ag mix the gas-phase mixture conductivity and )\, the
particle conductivity. The exponent 10/9 reflects the empirically observed forma-
tion of conduction chains through contacting particles, originally discussed by Dixon
(1979).

4. Final effective radial conductivity, \f.

The final effective radial thermal conductivity is then calculated using a mecha-
nistic interpretation that accounts for both stagnant conduction and convective

dispersion:
20 :
)\fﬁ Nemix? if Vinlet = 07
Ao A -1 :
@ mix +— + Pey PrRe, otherwise.
g, mix

In the absence of flow (vt = 0), the system exhibits purely stagnant conduction.
When flow is present, an additional term proportional to Per_f1 PrRe is added to
capture the contribution of convective dispersion.

S2.2.6 Heat transfer coefficients

To describe the heat exchange between the internal bed and the wall, an apparent wall
heat-transfer coefficient h,, or, equivalently, a wall Nusselt number Nu,, = hy, dp/Ag mix
was defined, exploiting the so-called ”h,, - A,” model.

From Yagi and Kunii (1960), a “mechanistic” formula incorporating both stagnant
and convective contributions near the wall is obtained:

1 1\ "
Nu, = Nuyo + + — (S11)
u

w

where Nu,o accounts for the contribution of solid-phase conduction, Nu,, represents the
true fluid-wall film heat transfer coeflicient, and Nu,, captures the effect of lateral con-
vective heat transfer in the near-wall region.

The individual contributions can be obtained using:

5 A\
Nuy,o = (1.3 + N) <)\—rf) (Martin and Nilles, 1960)

Nu’, = 0.3Pr'/3Re®™  (Dixon, 2012)
Nu,, = 0.054 PrRe (Yagi and Kunii, 1960)

Once Nu, is obtained, the (dimensional) wall heat-transfer coefficient can be calcu-
lated:
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Nuw )\g,mix
d .

P

hey = (S12)

Finally, many pseudo-1D reactor models adopt an overall 1D internal heat-transfer
coefficient U,, (or simply U), relating the tube wall to the bed-average temperature via a
single lumped resistance [5]. Dixon (1996) showed that a better formula for U than the
classic “two-resistance-in-series” approach is:

1 dy Bi+3\"
SR (N S , 1
U (hw T B1+4> (513)

where

U

(hw) 3
)\rad

is the bed Biot number. This enhanced formula captures the shifting balance between

wall convection (h,,) and radial conduction (A.q). Comparisons of 1D, 2D, and two-

phase continuum models by Dixon et al. show that this approach greatly reduces errors

in predicting axial temperature profiles and hot-spot conditions, especially in systems

where radial conduction and near-wall phenomena strongly affect reactor performance.

Bi =

S2.2.7 Physical parameters
Mixture density p,mix: The density is computed using the ideal gas law.
Pg,mix = Z CiMi

%

Mixture viscosity i, mix: The mixture viscosity is estimated using Wilke’s rule. Pure
component viscosities are first calculated using the Chapman—Enskog theory:

1.109 x 1075y/T
i = Q.

ij

where 2;; is the collision integral computed via the Neufeld correlation. Then, the Wilke

mixture rule is applied:
Yilbi
Hg mix =
® Z Z YjPij

with the interaction term ¢;; calculated from molar masses and viscosities [9].

Mixture heat capacities ¢,, and c¢,,: The molar heat capacity at constant pressure
is calculated using the Shomate equation:

E
i=A+B +Dt* + —  witht = ——
Cp, + Bt + Ct" + t+t2 with ¢ 1000
Values for A-E are taken from the NIST database [10].

Mixture thermal conductivity A;.ix: The mixture thermal conductivity is evalu-
ated using mole-fraction weighted averaging of the pure components:

gmlx— E yz %
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Solid heat capacity c,sua: The specific heat capacity of Lewatit® is fitted to a
temperature-dependent model given by Low et al. [I1]:

a
Cp,solid = 772 +bT' —c

Molecular and effective diffusion coefficients D,;, D,,;: The binary diffusion co-

efficients are calculated using the Fuller—Schettler—-Giddings model [12]:

. 1 1
0.0017*7 i, T

ij — ( P )(1/211/3_'_‘/.1/3)2

101325 J

D

where V; is the diffusion volume of species i.
Finally, in ternary mixtures with one species in excess, the Wilke-like approximation
is used to obtain the mixture diffusion coefficient of component 4 [13]:

L —yi

Dmi= s T
J#i Dij

S2.3 Initial and Boundary conditions

The boundary conditions for each step of the TVSA cycle are summarized below. The
column length is L, with the inlet at z = 0 and the outlet at z = L. The initial conditions
are applied only to the startup step, assuming an empty bed filled with Ny and O, at
ambient temperature and pressure.

Table S2: Boundary conditions of the adsorption step.

State Inlet (z =0) Outlet (z = L)
0y; v
Composition (y;) Vi — Daxi agj = yfeed yfeed a@;z —0
Pressure/velocity v = pleed D= Damb
or oT
Bed temperature (1) 0T — Aoy — = vfeed pfeed 0
0z Oz
Wall temperature (Tyq1) Twall = Tjacket Twatt = Tiacket

Table S3: Boundary conditions of the vacuum step

State Inlet (z = 0) Outlet (z = L)
o Oy y;
C t i =0 =0
omposition (y;) 92 , 9,
Pressure/velocity v=20 a*p = Qlow (Pvac — P)
z
oT oT
Bed temperature T — =0 — =0
0z 0z
Wall temperature T,q Twait = Tjacket Twai = Tjacket
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Table S4: Boundary conditions of the pre-heating/wall-heated desorption step

Outlet (z = L)

State Inlet (z =0)
- Jyi
C t ; =0
omposition (y;) 9,
Pressure/velocity v=20
oT
Bed temperature T’ — =0
0z
Wall temperature T, Ty =Ty

yi

0z =0
P = Dvac
oT

9. "
Ty=Tx

Table S5: Boundary conditions of the steam-assisted desorption step.

State Inlet (z = 0)

Outlet (z = L)

ayHZO _ ,,feed feed

Composition (ym,0) VYH,0 — Dax 1,0 5, Usteam YH,0
Pressure/velocity v=uvled

Bed temperature (T') VT — Aax (?91; = yleed | Theed
Wall temperature (1) Twau = Tjacket

9yn,0 _
0z
D = Pvac
or _
0z

Twall = T’jacket

0

0

Table S6: Boundary conditions of the pressurization step.

State Inlet (z = 0) Outlet (z = L)
s 0y; v
Composition (y;) vyé_ D 8% = pfeed g feed ay; — 0
Pressure/velocity £ = Olpress (pfeed —p) v =0
or oT
Bed temperature (7') 0T — Ay — = pleed pieed 9L _
0z 0z

Wall temperature (Tyya) Twail = Tjacket

Twau = J}acket
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S2.4 Model validation
S2.4.1 Young et al. simulated data

The model was validated against outlet CSS profiles reported by Young et al. [1] and
showed excellent agreement. To enable a direct comparison, the model from the main
text was extended with the additional cooling step included in Young’s work. The outlet
profiles refer to the cyclic steady state (CSS), reached after two cycles, as reported in the
figures title.

Outlet profile of yco, over cycle #2

—— PyDAC Model

0201 O  Youngetal., 2021 o
= b
~ 0.151 -
S D
(]
=
5 0104 D
=
=]
© b

0.05 1

D
0.00 4 Q o o o o0 -0
6 50.0(] 10600 1560(] 20600 25(.)00 30600
Time [s]
———  Adsorption ———  Vacuum ——— Heat ——— Des ——— Cool —— Press

Figure S9: Composition outlet profiles validation.

Outlet profile of RH over cycle #2
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Figure S10: Relative humidity outlet profiles validation.
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Outlet temperature profile over cycle #2
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Figure S11: Bed temperature outlet profile validation.

S2.4.2 Petersen et al. experimental data

We have performed an independent comparison against experimental dynamic column
breakthrough data reported by Petersen et al. for Lewatit@® VPOC 1065 [14]. In this
comparison, the present model was run using the exact operating conditions, inlet com-
positions, and temperature boundaries reported in the experimental study, allowing for
a direct assessment of model fidelity.

1.0 ———————=—————
l"-’
¢
If
0.8 7
[/
[
|
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%\ I
]
S 0.4+ |
= [
0.2 1 /
|
§
,"' — = Petersen et al., 300-425 um (cryo-milled)
0.0 1 e LDF model
0.0 0.2 0.4 0.6 0.8 1.0

Dimensionless time [-]
Figure S12: Validation of the dynamic breakthrough behavior against experimental data

from Petersen et al. (cryo-milled, particle size 300-425 pm). The normalized outlet COqy
mole fraction (Yoo, .out/Yco,in) 1S shown as a function of dimensionless time.

Overall, the model reproduces the main features of the measured transient response,
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including the characteristic front propagation, the breakthrough time, and the approach
to saturation. Minor deviations are observed around the steepest part of the profile,
which can reasonably be attributed to the intrinsic limitations of a lumped kinetic repre-
sentation (LDF) and to uncertainties in transport closures under the specific experimental
conditions.

It is also worth noting that the fitted LDF mass-transfer coefficient obtained from
Petersen et al. breakthrough data (kpr = 2 X 1073 s_l) is remarkably close to the value
adopted in the main text based on Young et al. (kppr = 3 x 1073 s71). Although these
validations involve substantially different column geometries and operating conditions,
the consistency in the estimated kinetic parameter supports the robustness of the adopted
LDF formulation and suggests that the model is not overly sensitive to case-specific tuning
of kypr within the investigated range.

Given that the scope of this work is cycle-level performance assessment and multi-
objective optimization, the LDF kinetic formulation provides an appropriate balance
between physical fidelity and numerical efficiency. The implementation of more detailed
kinetic frameworks (e.g., pore diffusion or multi-resistance models) is expected to further
refine the prediction of the breakthrough front shape and will be considered in future
developments.
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S2.5 Model setup and reference case

Table S7: Reference case parameters, geometry, particle properties and solver settings
used in the packed-bed simulations

Category Parameter Value

Reference conditions (adsorption step)

Temperature Trot 298.15 K
Pressure Pref 101325 Pa
Relative humidity RH,ef 0.5

Inlet mole fraction COgq YCOy,ref 400 ppm
Superficial velocity Vsup,ref 0.5ms !

Geometry and particle properties

Bed length Ly 0.0181 m [15]
Bed radius Ry 0.145 m [15]
Wall thickness ty 0.017 m [15]
Bed porosity £p 0.37 [15]
Particle density Pp 880 kg m~3 [I]
Particle radius R, 0.25 mm [1]
Spatial discretization and solver settings
Axial grid points N, 100
Relative tolerance rtol 10-6
Absolute tolerance atol 1078
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Table S8: Kinetic, transport and thermophysical parameters used in the packed-bed

simulations

Category Parameter Value
Kinetics and flow coefficients

LDF mass transfer coefficient (CO2) krLpr,co2 0.003 s~* [1]

LDF mass transfer coefficient (H30) krpr 120 0.0086 s~ [1]

Blowdown parameter Qblow 0.01

Pressurisation parameter Olpress 0.01
Thermal properties

Particle thermal conductivity Ap 0.43 W m~ K~! [16]

Wall heat capacity Cpw 513 J kg~! K1 [15]

Wall density Pw 7800 kg m~3 [15]

External heat transfer coefficient Rext 26 W m~2 K~ [17]

Wall thermal conductivity Aw 16 Wm™ K~! [15]
Adsorption thermodynamics

Heat of adsorption (COs2) AHuds,cos —70,000 J mol~! [I]

Heat of adsorption (H20) AHgds 1,0 —46,000 J mol~! [1]

Dry air Og/Nj ratio Y0o /YN, 3.73 [17]

The parameters aplow and opress were set such that the blowdown and pressurization
steps last about 60 s. Although in real systems these steps occur over several minutes,
the impact of this simplification is minimal given that the adsorption, pre-heating, and
desorption steps operate on timescales of several hours.
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S2.6 Energy consumption estimation

The model tracks the instantaneous energy consumption of each auxiliary unit operation
(compressor, vacuum pump, blower/fan, and thermal jacket) at each integration time
step. Each power contribution is integrated in time within the ODE system to give the
total energy consumption per cycle.

S2.6.1 Air-moving device selection (fan vs blower vs compressor)

Depending on the severity of the pressure drop, the appropriate correlation is selected:
A_p = Pin — Pout
Specifically, we use the following heuristic thresholds:

Pun,  if Ap <10 kPa
Pun(Ap) = < Pyow  if 10 kPa < Ap < 200 kPa
Peomp if Ap > 200 kPa

where Py, Phiow, and FPeomp are given by:

1

Pfan = ; Ap Qin (814)

1 in
Blow = TpinQin ln( b ) (S15)

ow out

1 y=1
i Din v
Pcom = —pinQin ( ) —1 (816)
P ncomp Y — 1 [ out

where Ap = pin — Pout, Pin and poye are inlet and outlet pressures, Q;, is the volumetric
flow rate, v = ¢,/c, is the heat capacity ratio of the mixture, and 7; is the assumed
efficiency (0.7 when vendor data are unavailable).

S2.6.2 Vacuum pump energy

The vacuum pump power is evaluated using a fully compressible polytropic model with
pressure-dependent efficiency 7y, fitted to the correlation of Ward et al.:

0.8 x 19.55 (pous/10°)

vac — S17
g 1+ 19.55 (powt/10°) (817)
1 ) T
Pvac - Lpout@out [(p b) ' - 1] (818)
Tvac Y — 1 out

with p.m, the ambient pressure.
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S2.6.3 Jacket thermal energy

The instantaneous thermal duty exchanged with the wall is obtained from the local
wall-bed temperature difference:

Gwan(2) = hint (Twan(2) — T'(2)) (S19)

and integrated along the axial coordinate to obtain the instantaneous jacket power:

Ly
Pjacket = / QWall(Z) 27TRb dz (SQO)
0

where h;y is the internal wall-fluid heat transfer coefficient, R, the bed radius, Tyan the
wall temperature profile and T' the bed temperature.

S2.7 Thermodynamic Calculations
S2.7.1 Steam energy

The energy required for steam injection is estimated as the sum of three contributions:
(i) sensible heating of liquid water from the feed temperature to the boiling temperature
at the column pressure, (ii) phase change at Ty, and (iii) superheating of the resulting
steam up to the injection reference temperature.

The steam mass consumed over a desorption step of duration At is

ms = my At,

where my is the constant steam mass flow rate.
The saturation temperature at feed pressure pr.q and the latent heat of vaporization
are correlated as (Ward et al.)

Pteed 0.1367
Tip (preea) = 197 o ) —or9T+ 21315 [K)

Dteed 0.1508 1
hop(prea) = —446:2 ()7 12707 [k kg™).

The three enthalpy contributions per unit mass are:
Ahheat = CpJ (pr - Tref)7
Ahbp = hbp (pfeed>7

b
Ahgp = 2 (Tq = T8) + 2 (T2eg = T2) + c(Treea — Top)

3 2

with ¢,; = 4.186 kJ kg ' K™ and steam heat capacity correlation Cpg(T) = aT?+bT +c
with a = 1.012 x 1075, b = —3.594 x 1074, ¢ = 1.882 (kJ kg~* K71).
The total steam energy is then

C2steam = Mg <Ahheat + Ah/va,p + Ahsup ) )
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S2.7.2 Condenser duty

The condenser heat load is evaluated as the difference between inlet and outlet enthalpies,
following the enthalpy balance around the unit. We define reference enthalpies as ideal
gases at Tyef = Toonda. Therefore, the instantaneous duty is

Qcond(t) = ered(t) - Hv(t) - Hﬁ(t) [W]v

and the cumulative condenser energy is obtained by time integration. The terms are a
function of time since the condenser feed is the outlet stream from the desorption step.

Feed enthalpy The feed is entirely in the gas phase. Its enthalpy relative to the
reference is given by the sensible heating from the reference temperature (Tionq) t0 Tteed:

Hteea(t) = Tgeca(t) Z zi(t) & ; (Treea(t) — Teona)-

)

Vapor outlet enthalpy With the chosen reference, the vapor outlet (non-condensables
at Tionqa) has zero enthalpy contribution:

Hy(t) = 0.

Condensate enthalpy The condensate enthalpy is evaluated component-wise, by con-
structing a thermodynamic path from the vapor reference state (ideal gas at Teonq) to the
liquid state at T.ong and then adding the enthalpy of mixing, with an additional mixing
term to account for CO, dissolution into water.

For each condensable component i, the pure-component contribution is written as

hgzure path) (Tcond) = Cz,i (pr,i - Tcond) - AHvap,i + Cf),i (Tcond - pr,i))

where Ty, ; (Peond) is the boiling point temperature of component i at the condenser pres-
sure, which is equal to the chosen vacuum pressure of the desorption step.

For H,O, this term accounts for heating of the vapor from reference temperature
to Tipn20, condensation, and subcooling again to Ttona. For COs, since it does not
form a pure liquid at peonq, we include explicitly the enthalpy of dissolution into water,

ABSOI,CO2 (Tconda .%‘)
The total condensate enthalpy is therefore

Hg(t) = T'lg(t) [JIHQO(t> h%);g}path) (Tcond> + TCO, (t) (Ahsol,CO2 (Tconda 1:))] .

Total condenser duty and energy The net condenser duty is then

Qcond(t) = ered<t> - H@@);
and the condenser energy over the step is

tend

Econd - Qcond (t) dt

to
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The equations for the H,O boiling point and vaporization enthalpy were provided in
the steam duty calculation section. The molar enthalpy of dissolution of CO5 in water at
low pressures is calculated with the correlation of Carroll et al. (1991) [1§]:

6.2634 x 10* n 7.475 x 106
T T2

Ahgorco,(T) = (106.56 — ) x 10*  [J mol™],

where T’ is the absolute temperature in kelvin.

S3 Literature benchmark

S3.1 Optimized decision variables boxplot distributions

The boxplots summarize the distributions of the optimized decision variables for the
(i) wall-heated and (ii) steam-assisted configurations at the reference geometry. Each
variable z is normalized to its search bounds [Zmin, Tmax| Via

T — Tmin

*

Tr =
Lmax — Lmin

Y

so that x* = 0 corresponds to the lower bound and z* = 1 to the upper bound. The
box shows the interquartile range (IQR), the horizontal line marks the median, whiskers
extend to 1.5x IQR, and dots indicate outliers.

S3.1.1 Complete wall-heated and steam-assisted cases

Distribution of Scaled Decision Variables (Box Plot)
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0.8 -

0.6
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Figure S13: Wall-heated configuration optimized decision variables boxplots
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Distribution of Scaled Decision Variables (Box Plot)
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Figure S14: Steam-assisted configuration optimized decision variables boxplots.

Under the reference aspect ratio (Hpeq/Dpeq = 1/16), the wall-heated thermal bottleneck
requires extended desorption periods to supply sufficient heat, which explains why the
optimized desorption time ¢4 consistently saturates at its upper bound. The resulting
steep rise in equivalent work with increasing productivity directly reflects this limitation.
In contrast, for the steam-assisted case, the distribution of desorption times t4¢s collapses

near the lower bound of the search range, confirming that desorption can be completed
much more rapidly.
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S3.1.2 Incomplete (No Oz, no Q.,q) steam-assisted case

Distribution of Scaled Decision Variables (Box Plot)
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Figure S15: Steam-assisted configuration boxplots for the incomplete case where the O,
content constraint and the condenser thermal duty were excluded.

S3.1.3 Effect of Oxygen constraint, wall-heated and steam-assisted case
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Figure S16: Effect of enforcing the Oy purity constraint on the optimized Pareto fronts
for 7 = 1/16, for both wall-heated and steam-assisted configurations.
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S4 Aspect ratio analysis

S4.1 Step durations for wall-heated configuration

Distribution of Adsorption Time across Aspect Ratios (Wall Heated)
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Figure S17: Wall-heated adsorption-time distribution.
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Figure S18: Wall-heated pre-heating-time distribution.
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Distribution of Desorption Time across Aspect Ratios (Wall Heated)
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Figure S19: Wall-heated desorption-time distribution.

Distribution of Total Cycle Time across Aspect Ratios (Wall Heated)
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Figure S20: Wall-heated total cycle time distribution.
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S4.2 Energy contributions for wall-heated configurations

Adsorption Compression Work across Aspect Ratios (Wall Heated)
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Figure S21: Wall-heated compression energy distribution.

Preheating Jacket Energy across Aspect Ratios (Wall Heated)
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Figure S22: Wall-heated heated-jacket energy distribution for the pre-heating step.
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Desorption Jacket Energy across Aspect Ratios (Wall Heated)
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Figure S23: Wall-heated heated-jacket energy distribution for the desorption step.

Desorption Condenser Work across Aspect Ratios (Wall Heated)
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Figure S24: Wall-heated condenser energy distribution.
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S4.3 Steam-assisted Pareto-front distributions
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Figure S25: Distribution of Pareto-optimal solutions in the steam-assisted configuration.
Left: Violin plots of equivalent work distributions for different aspect ratios.
Right: Violin plots of productivity distributions for different aspect ratios.

Unlike the wall-heated case, the distribution of Pareto-optimal solutions is not clustered
around a single dominant operating point, but instead appears more homogeneously

spread across the productivity—work space.

This indicates that in the steam-assisted

configuration the trade-off between productivity and equivalent work is less sharply con-
strained by geometry, and multiple operating regimes can yield comparable performance.
As a consequence, marginal and joint mode analyses cannot be meaningfully applied here.
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S4.4 Step durations for steam-assisted configuration

Total Cycle Time ty [s]
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Figure S26: Steam-assisted total cycle-time distribution.
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