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Excluded volume interaction for a DNA chain confined to a plane 

The excluded volume interaction for a DNA chain confined to a plane is determined by the excluded area of a DNA 
segment instead of the excluded volume of a segment, because the system is two-dimensional. We consider the 
excluded area between two straight segments (Figure S1). The segment has a length of  and a width of . The area 
inside the red polygon (Figure S1) is the excluded area of the light grey segment, when the skewed angle is fixed as θ. 
Assuming the orientations of DNA segments are random, the average excluded area for two straight DNA segments is 
calculated as: 
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Usually, DNA is considered stiff over a single Kuhn length, which is two times the persistence length . So we set = 2  in Eqn. (S1). In the case of ≪ , the second term in Eqn. (S1) can be ignored. After ignoring the prefactor, 
the excluded area follows:  
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Figure S1. Illustration of the excluded area of the light grey segment by the dark grey segment with a fixed 
skewed angle θ. The red polygon is the excluded area. The segment has a length of  and a width of .  

Benchmarking the simulation using large bond length  

Setting the large value of bond length  in the simulation can reduce the computational time for a given contour 
length L, because the computational time is mainly determined by the number of beads = / + 1. However, 
using large  in simulation will produce some problems. First, the value of  cannot be larger than the chain width w. 
Otherwise, there will be a gap between two adjacent beads and the chain in the simulation is not solid-filled. The gap 
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between two adjacent beads can cause the chain overlapping, which is artificial and should be avoided. Figure S2(a) 
illustrates a solid-filled chain. Second, a simulation using large  may not precisely capture the DNA bending.  This 
concept of insufficient fine graining of the DNA chain is illustrated in Figure S2(b). In addition, the DNA conformation 
in a narrow slit cannot be precisely modeled when using a bond length larger than the slit height H.  So, two 
conditions, ≤  and < , should be satisfied in the parameter setting. 

 Using large  affects the contour length of DNA in the simulation. It is because the series of bonds in simulation 
is not exactly the wormlike chain with smooth bending as in the real case (Figure S2(b)). Each straight segment of the 
red line with a length of  corresponds to a bending segment of the gray line with a contour length larger than , 
which is referred as . Accordingly, the contour length of the wormlike chain is − 1 , rather than − 1 . The relationship between  and  follows1: 
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Applying Eqn. (S3), we obtain that when  is 5, 10, 20 or 40 nm,  is 5.08, 10.34 21.43 or 46.12 nm.  
 

 

Figure S2. (a) Illustration of bead-bond model. There is no gap between two beads if ≤ . Usually, we set =  in simulations. (b) A continuous wormlike chain is discretized to a series of bonds. A short-bond chain 
with ≪  can precisely model the smooth bending. A long-bond chain does not precisely model the 
bending, especially on the length scale less than .   

 Furthermore, using large  also affects the setting of the bending rigidity. In the simulation, we calculate the 
bending energy by:  
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where κ is the bending rigidity, and ,  is the bending angle between the bond i and i+1.   Usually, if ≪ , κ in 
Eqn. (S4) is equal to . However, when  is comparable to , the term /  in Eqn. (S4) should be replaced by /〈 〉 to precisely capture the persistence length of the wormlike chain. Considering that < 〈 〉 and / >/〈 〉 , we can infer that using Eqn. (S4) with =  will overestimate the persistence length. In the current study, 
we always set the bending rigidity =  for simplification. To quantify the overestimation of the persistence length 
due to using large , we perform several benchmark simulations of DNA in bulk without excluded volume interaction. 
The precise value of  of DNA in the simulation can be obtained by fitting Benoit-Doty equation2. 
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Figure S3. Mean squares of the radius of gyration as a function of the contour length obtained from the 
simulations using different bond length . The simulations are in bulk without excluded volume interaction. 
Open circles are simulation results using the same bending rigidity κ = 50 nm in Eqn. (S4) but using different .  
The solid line is calculated from Eqn. (S5) using a fitted . The fitted values and uncertainties are 50.1 ± 0.1, 50.3 ± 0.1, 50.8 ± 0.1, 52.5 ± 0.1 nm, respectively.   

 
Figure S4. Deviation of Rg in simulation from the theoretical value as a function of the contour length. The 
simulations are performed in bulk without excluded volume interaction. The bond length  is 40 nm.   

 Figure S3 shows 〈 〉 as a function as L. The simulation results are fitted by Eqn. (S5) with a fitted . As 
expected, the fitted value of  is slightly larger than 50 nm and the deviation become more significant for larger . 
The largest  in the current study is 40 nm, which causes 5% overestimation of the persistence length compared to 
the value assumed in the simulation. In the current study, we are interested in the value of . Figure S4 shows the 
relative overestimation of  when we set  in the simulations. It indicates the overestimation is always less than 3%. 

 Above simulations are performed for DNA in bulk without excluded volume interaction. To examine the effect of 
using different  in the simulation of a real chain in a slit, we performed two sets of simulation using same 
parameters except different bond lengths, as shown in Figure S5. The results from two sets of simulation agree with 
each other except the region of < . Such result demonstrates that using large  does not affect the simulation 
result in a wide slit.  
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Figure S5. Comparison of two simulation results using the bond length of 5 nm and 10 nm, respectively. 〈 ||〉 
and 〈 ||, 〉 are the average in-plane radius of gyration in confinement and bulk, respectively. H is the slit 
height. Both simulations share the contour length of 4 µm, the chain width of 10 nm and the bending rigidity κ 
= 50 nm in Eqn. (S4).  

 

References 

1. J. R. C. van der Maarel, Introduction To Biopolymer Physics, World Scientific, Singapore, 
2007. 

2. H. Benoit and P. Doty, J. Phys. Chem., 1953, 57, 958-963. 

 

 

Electronic Supplementary Material (ESI) for Soft Matter
This journal is © The Royal Society of Chemistry 2012



<<
  /ASCII85EncodePages false
  /AllowTransparency false
  /AutoPositionEPSFiles false
  /AutoRotatePages /None
  /Binding /Left
  /CalGrayProfile (Gray Gamma 2.2)
  /CalRGBProfile (sRGB IEC61966-2.1)
  /CalCMYKProfile (U.S. Web Coated \050SWOP\051 v2)
  /sRGBProfile (sRGB IEC61966-2.1)
  /CannotEmbedFontPolicy /Warning
  /CompatibilityLevel 1.6
  /CompressObjects /Off
  /CompressPages true
  /ConvertImagesToIndexed true
  /PassThroughJPEGImages true
  /CreateJobTicket false
  /DefaultRenderingIntent /Default
  /DetectBlends false
  /DetectCurves 0.0000
  /ColorConversionStrategy /LeaveColorUnchanged
  /DoThumbnails false
  /EmbedAllFonts true
  /EmbedOpenType false
  /ParseICCProfilesInComments true
  /EmbedJobOptions true
  /DSCReportingLevel 0
  /EmitDSCWarnings false
  /EndPage -1
  /ImageMemory 1048576
  /LockDistillerParams false
  /MaxSubsetPct 100
  /Optimize false
  /OPM 1
  /ParseDSCComments true
  /ParseDSCCommentsForDocInfo true
  /PreserveCopyPage false
  /PreserveDICMYKValues true
  /PreserveEPSInfo true
  /PreserveFlatness true
  /PreserveHalftoneInfo false
  /PreserveOPIComments false
  /PreserveOverprintSettings true
  /StartPage 1
  /SubsetFonts true
  /TransferFunctionInfo /Apply
  /UCRandBGInfo /Remove
  /UsePrologue false
  /ColorSettingsFile (Color Management Off)
  /AlwaysEmbed [ true
  ]
  /NeverEmbed [ true
  ]
  /AntiAliasColorImages false
  /CropColorImages true
  /ColorImageMinResolution 150
  /ColorImageMinResolutionPolicy /OK
  /DownsampleColorImages false
  /ColorImageDownsampleType /Bicubic
  /ColorImageResolution 150
  /ColorImageDepth 8
  /ColorImageMinDownsampleDepth 1
  /ColorImageDownsampleThreshold 1.50000
  /EncodeColorImages true
  /ColorImageFilter /FlateEncode
  /AutoFilterColorImages false
  /ColorImageAutoFilterStrategy /JPEG
  /ColorACSImageDict <<
    /QFactor 0.76
    /HSamples [2 1 1 2] /VSamples [2 1 1 2]
  >>
  /ColorImageDict <<
    /QFactor 0.76
    /HSamples [2 1 1 2] /VSamples [2 1 1 2]
  >>
  /JPEG2000ColorACSImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 15
  >>
  /JPEG2000ColorImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 15
  >>
  /AntiAliasGrayImages false
  /CropGrayImages true
  /GrayImageMinResolution 150
  /GrayImageMinResolutionPolicy /OK
  /DownsampleGrayImages false
  /GrayImageDownsampleType /Bicubic
  /GrayImageResolution 150
  /GrayImageDepth 8
  /GrayImageMinDownsampleDepth 2
  /GrayImageDownsampleThreshold 1.50000
  /EncodeGrayImages true
  /GrayImageFilter /FlateEncode
  /AutoFilterGrayImages false
  /GrayImageAutoFilterStrategy /JPEG
  /GrayACSImageDict <<
    /QFactor 0.76
    /HSamples [2 1 1 2] /VSamples [2 1 1 2]
  >>
  /GrayImageDict <<
    /QFactor 0.76
    /HSamples [2 1 1 2] /VSamples [2 1 1 2]
  >>
  /JPEG2000GrayACSImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 15
  >>
  /JPEG2000GrayImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 15
  >>
  /AntiAliasMonoImages false
  /CropMonoImages true
  /MonoImageMinResolution 1200
  /MonoImageMinResolutionPolicy /OK
  /DownsampleMonoImages false
  /MonoImageDownsampleType /Bicubic
  /MonoImageResolution 1200
  /MonoImageDepth -1
  /MonoImageDownsampleThreshold 1.50000
  /EncodeMonoImages true
  /MonoImageFilter /FlateEncode
  /MonoImageDict <<
    /K -1
  >>
  /AllowPSXObjects false
  /CheckCompliance [
    /None
  ]
  /PDFX1aCheck false
  /PDFX3Check false
  /PDFXCompliantPDFOnly false
  /PDFXNoTrimBoxError true
  /PDFXTrimBoxToMediaBoxOffset [
    0.00000
    0.00000
    0.00000
    0.00000
  ]
  /PDFXSetBleedBoxToMediaBox true
  /PDFXBleedBoxToTrimBoxOffset [
    0.00000
    0.00000
    0.00000
    0.00000
  ]
  /PDFXOutputIntentProfile (None)
  /PDFXOutputConditionIdentifier ()
  /PDFXOutputCondition ()
  /PDFXRegistryName ()
  /PDFXTrapped /False

  /CreateJDFFile false
  /Description <<
    /CHS <FEFF4f7f75288fd94e9b8bbe5b9a521b5efa7684002000410064006f006200650020005000440046002065876863900275284e8e55464e1a65876863768467e5770b548c62535370300260a853ef4ee54f7f75280020004100630072006f0062006100740020548c002000410064006f00620065002000520065006100640065007200200035002e003000204ee553ca66f49ad87248672c676562535f00521b5efa768400200050004400460020658768633002>
    /CHT <FEFF4f7f752890194e9b8a2d7f6e5efa7acb7684002000410064006f006200650020005000440046002065874ef69069752865bc666e901a554652d965874ef6768467e5770b548c52175370300260a853ef4ee54f7f75280020004100630072006f0062006100740020548c002000410064006f00620065002000520065006100640065007200200035002e003000204ee553ca66f49ad87248672c4f86958b555f5df25efa7acb76840020005000440046002065874ef63002>
    /DAN <>
    /DEU <>
    /ESP <>
    /FRA <>
    /ITA (Utilizzare queste impostazioni per creare documenti Adobe PDF adatti per visualizzare e stampare documenti aziendali in modo affidabile. I documenti PDF creati possono essere aperti con Acrobat e Adobe Reader 5.0 e versioni successive.)
    /JPN <>
    /KOR <FEFFc7740020c124c815c7440020c0acc6a9d558c5ec0020be44c988b2c8c2a40020bb38c11cb97c0020c548c815c801c73cb85c0020bcf4ace00020c778c1c4d558b2940020b3700020ac00c7a50020c801d569d55c002000410064006f0062006500200050004400460020bb38c11cb97c0020c791c131d569b2c8b2e4002e0020c774b807ac8c0020c791c131b41c00200050004400460020bb38c11cb2940020004100630072006f0062006100740020bc0f002000410064006f00620065002000520065006100640065007200200035002e00300020c774c0c1c5d0c11c0020c5f40020c2180020c788c2b5b2c8b2e4002e>
    /NLD (Gebruik deze instellingen om Adobe PDF-documenten te maken waarmee zakelijke documenten betrouwbaar kunnen worden weergegeven en afgedrukt. De gemaakte PDF-documenten kunnen worden geopend met Acrobat en Adobe Reader 5.0 en hoger.)
    /NOR <>
    /PTB <>
    /SUO <>
    /SVE <>
    /ENG ()
    /ENU (Use these settings to create Adobe PDF documents suitable for reliable viewing and printing of business documents.  Created PDF documents can be opened with Acrobat and Adobe Reader 5.0 and later.)
  >>
>> setdistillerparams
<<
  /HWResolution [600 600]
  /PageSize [595.276 779.528]
>> setpagedevice


